It is the purpose of this note to establish the following theorem : It should be noted that the result follows also from a result of Baer's [l, Theorem 5 or Lemma 4] which states that in a ring with unit and weak maximal condition, aft = l implies ba = 1.
That such a ring insures the basis condition for subspaces is well known [3, p. 121 J. 1 Suppose now that every subspace N>0 has a basis of n^m elements. It has been shown [2, Theorem (F)] that every right ideal R > 0 of K must then have a single generator : R = r 0 K, where r 0 k = 0 implies k = 0. Moreover, since every right ideal has a finite set of generators, the ascending chain condition must hold for right ideals of K [3, p. 26] . It therefore suffices to prove the following two lemmas. It should be noted that the result follows also from a result of Baer's [l, Theorem 5 or Lemma 4] which states that in a ring with unit and weak maximal condition, aft = l implies ba = 1. It is not known whether there exist division algebras of order 16 (or greater) over the real number field 9Î. In discussing the implications of this question in algebra and topology, A. A. Albert told the author that the well known Cayley-Dickson process 1 does not yield a division algebra of order 16 over 9Î and suggested a modification of that process which might. It is the purpose of this note to show that, while Albert's construction can in no instance yield such an algebra over $t, it does yield division algebras of order 16 over other fields, in particular the rational number field JR.
Initially consider an arbitrary field F. Let C be a Cayley-Dickson division algebra of order 8 over F. Define 2 an algebra of order 16 over F with elements c~a+vb, z~x+vy (a, b, x, y in C) and with multiplication given by
where S is the involution x?±xS~t(x) -x of C and g is some fixed element of C. The Cayley-Dickson process is of course the instance g =7 in F. For A to be a division algebra over F the right multiplication 1 R z must be nonsingular for all zj^O in A. Now 
